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Let (V,{-,-}) be a Poisson variety that admits a toric action.

We want to construct a family of coordinate systems (clusters)
F={x=(x1,...,%,)} such that
@ For any x € F and any /, x; is a regular function on V homogeneous
w.r.t. the toric action.
@ Every x € Fis compatible with {-,-} {x;, xj} = wjxixj , wjj € Z
(log-canonical Poisson bracket)
© Any x,x’ € F are connected via Laurent polynomial transformation

@ Any regular function on V is a Laurent polynomial in terms of every
x€eF
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Let A be an n x n matrix. For u,v € C", define matrices

M(u) = [u Au A2u...A”_1u} ,
M(u,v) = [vuAu...A"2u) | Tp(u,v) =[Av uAu... A"2u] .

Let w be the last row of the classical adjoint of I'1(u, v), ie.

wli(u,v) = (detTy(u,v)) el .

Define I'*(u, v) to be the matrix with rows w, wA, ..., wA"=1. Then

det ( det Iy (u, v)A — det r2(u 1) = (—1)™ 7" det [ (u) det T*(u, v).
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